We showed eariler that a regular simple graph of even order satisfying d(G) 2 4 IV(G)1 was the union of edge-disjoint l-factors. Here we improve this to regular simple graphs of even order satisfying d(G) 3 i(fi-1) IV(G
Introduction
The graphs we shall consider will be simple, that is they will have no multiple edge or loops. An edge-colouring of a graph is a map @: E(G)+ %, where 5% is a set of colours and E(G) is the set of edges of G, such that no two incident edges receive the same colour. The chromatic index x'(G) of G is the least value of I%] for which an edge-colouring of G exists. A well-known theorem of Vizing [7] states that
A(G) s x'(G) c A(G) + 1,
where A(G) is the maximum degree of G. Graphs for which A(G) = x'(G) are said to be Class 1, and otherwise they are Class 2. A regular Class 1 graph is often called l-factorizable, as it is the union of edge-disjoint l-factors.
For a regular graph G, let us denote the common degree of the vertices by d(G). A well-known conjecture which may be due to G.A. Dirac (he told one of us that it was 'going around' in the early 1950s) is as follows. 
Then G is l-factorizable.
Let Gd be the subgraph of a graph G induced by the vertices of degree A = A(G). We call Gd the core of G. A very useful result, due to Fournier [5] , is that if G, is a forest, then G is Class 1. As a preliminary to our proof of Theorem 1, we extend Fournier's theorem. A general discussion of the possibilities for extending Fournier's theorem was provided by Hoffman and Rodger in [6] ; see also [2] and [3] .
Preliminary results
For a vertex v in a graph G, let d*(v) denote the number of vertices of G of maximum degree to which v is adjacent.
The following lemma was proved in [l] . 
Lemma 1. For a graph G, let e E E(G) be incident with w E V(G)
.
Extensions of Foumier's theorem
We first prove the following theorem. Define a proper tree to be a tree with at least one edge. In the particular special case when each ?&j is a single edge, Theorem 4 was used (without being explicitly stated) in [l] .
Proof of Theorem 4. We first colour all the edges of G\E(G,)
with A(G) colours. Since the only vertices of degee A(G) in this graph are non-adjacent, it follows from Fournier's theorem that this is possible. For each i we colour all the edges of Hi using Vizing's fan argument;
we first colour the edges of the subgraph of Hi induced by vii, . . . , v+), using vertices in {vi1 , . . . , V,(i)} as pivots, and then we colour the remaining edges of Hi, using the vertices of V(Hi)\ {Vii, . . , v,(,)} as pivots. Finally we colour the edges of each Tj as follows. We may order the edges e,, . . . , e, of a tree ~j so that el is incident with uij, and, for 1 c k s t, the edges e,, , . . , ek induce a subtree. We then colour el, . . . , e, in that order using Vizing's fan argument, always choosing as pivot the vertex of ek which is non-adjacent to any of the vertices of e,, . . . , ek--l. 0 Next we show that Theorem 4 can be extended. Notice that Uy=r MT contains all the edges of the complete graph on the vertices of V(H*) except for the edges of MO, the edges with both endvertices in R, and .the edges which join 1, E L to q E R with i <j. Finally we notice that
IM'I+(q+2-i) (lcicq).
The matchings MT (1 c i c q) are illustrated in Fig. 3 . list (r,, . . . , r,, II, . . . , 1,) . (In fact, except in the case when each edge of M,, joins either two vertices of X or two vertices of W,, we could suppose that x, comes before w, also.)
We now construct matchings MT (1 s i S q + 1) by slightly modifying the MT. 
IM;I+(q+3-k) (lsksq+l).
A rreur l-factor F of G -w is a set of t(lV(G -w)j -1) independent edges of G -w. We say that the vertex which is not incident with any edge of F is "missed" by F. We choose q + 1 edge-disjoint near l-factors 
We choose Fk to be a near l-factor of Gk_, containing 
The proof of Theorem 2
The argument in the last section improved our result from 4 IV(G)1 to 2 IV(G)l, an improvement of 4 -2 = 0.024. In this section we use a counting argument to improve our bound further by about 0.01.
First we give a bound on p. 
